
1

1

0, C1, Z1

A5

60

A1(4), A1(5)

A6

360

A1(9), B2(2)′

A7

2 520

A8

20 160

A3(2)

A9

181 440

An
n!
2

A1(7)

168

A2(2)

A1(8)

504

G2
2(3)′

A1(11)

660

A1(13)

1 092

A1(17)

2 448

An(q)
qn(n+1)/2

(n+1,q−1)

n

∏
i=1

(qi+1 − 1)

PSLn+1(q), Ln+1(q)

B2(3)

25 920

A2
3(4)

B2(4)

979 200

B3(2)

1 451 520

B2(5)

4 680 000

B2(7)

138 297 600

Bn(q)
qn2

(2, q − 1)

n

∏
i=1

(q2i − 1)

O2n+1(q), Ω2n+1(q)

C3(3)

4 585 351 680

C3(5)
228 501

000 000 000

C4(3)
65 784 756

654 489 600

C3(7)
273 457 218
604 953 600

C3(9)
54 025 731 402

499 584 000

Cn(q)
qn2

(2, q − 1)

n

∏
i=1

(q2i − 1)

PSp2n(q)

D4(2)

174 182 400

D4(3)

4 952 179 814 400

D5(2)

23 499 295 948 800

D4(5)
8 911 539 000

000 000 000

D5(3)
1 289 512 799

941 305 139 200

Dn(q)
qn(n−1)(qn−1)

(4,qn−1)

n−1

∏
i=1

(q2i − 1)

O+
2n(q)

E6(2)
214 841 575 522
005 575 270 400

E6(3)

7 257 703 347 541 463 210
028 258 395 214 643 200

E6(4)
85 528 710 781 342 640

103 833 619 055 142
765 466 746 880 000

E6(q)
q36(q12 − 1)(q9 − 1)(q8 − 1)
(q6 − 1)(q5 − 1)(q2 − 1)

(3, q − 1)

E7(2)
7 997 476 042

075 799 759 100 487
262 680 802 918 400

E7(3)
1 271 375 236 818 136 742 240

479 751 139 021 644 554 379
203 770 766 254 617 395 200

E7(4)
111 131 458 114 940 385 379 597 233
477 884 941 280 664 199 527 155 056
307 251 745 263 504 588 800 000 000

E7(q)
q63

(2, q − 1)

9

∏
i=1

i 6=2,8

(q2i − 1)

E8(2)
337 804 753 143 634 806 261

388 190 614 085 595 079 991 692 242
467 651 576 160 959 909 068 800 000

E8(3)
18 830 052 912 953 932 311 099 032 439

972 660 332 140 886 784 940 152 038 522
449 391 826 616 580 150 109 878 711 243
949 982 163 694 448 626 420 940 800 000

E8(4)
191 797 292 142 671 717 754 639 757 897
512 906 421 357 507 604 216 557 533 558
287 598 236 977 154 127 870 984 484 770
345 340 348 298 409 697 395 609 822 849
492 217 656 441 474 908 160 000 000 000

E8(q)
q120(q30 − 1)(q24 − 1)

(q20 − 1)(q18 − 1)(q14 − 1)
(q12 − 1)(q8 − 1)(q2 − 1)

F4(2)
3 311 126

603 366 400

F4(3)
5 734 420 792 816

671 844 761 600

F4(4)

19 009 825 523 840 945
451 297 669 120 000

F4(q)

q24(q12 − 1)(q8 − 1)
(q6 − 1)(q2 − 1)

G2(3)

4 245 696

G2(4)

251 596 800

G2(5)

5 859 000 000

G2(q)

q6(q6 − 1)(q2 − 1)

A2
2(9)

6 048

G2(2)′

A2
2(16)

62 400

A2
2(25)

126 000

A2
3(9)

3 265 920

A2
2(64)

5 515 776

A2
n(q2)

qn(n+1)/2

(n+1,q+1)

n+1

∏
i=2

(qi − (−1)i)

PSUn+1(q)

D2
4(22)

197 406 720

D2
4(32)

10 151 968 619 520

D2
5(22)

25 015 379 558 400

D2
4(42)

67 536 471
195 648 000

D2
4(52)

17 880 203 250
000 000 000

D2
n(q2)

qn(n−1)(qn+1)

(4,qn+1)

n−1

∏
i=1

(q2i − 1)

O−
2n(q)

D3
4(23)

211 341 312

D3
4(33)

20 560 831 566 912

D3
4(43)

67 802 350
642 790 400

D3
4(q3)

q12(q8 + q4 + 1)
(q6 − 1)(q2 − 1)

E2
6(22)

76 532 479 683
774 853 939 200

E2
6(32)

14 636 855 916 969 695 633
965 120 680 532 377 600

E2
6(42)

85 696 576 147 617 709
485 896 772 387 584
983 695 360 000 000

E2
6(q2)

q36(q12 − 1)(q9 + 1)(q8 − 1)
(q6 − 1)(q5 + 1)(q2 − 1)

(3, q + 1)

B2
2(23)

29 120

B2
2(25)

32 537 600

B2
2(27)

34 093 383 680

B2
2(22n+1)

q2(q2 + 1)(q − 1)

F2
4(2)′

17 971 200

Tits∗

F2
4(23)

264 905 352 699
586 176 614 400

F2
4(25)
1 318 633 155

799 591 447 702 161
609 782 722 560 000

F2
4(22n+1)

q12(q6 + 1)(q4 − 1)
(q3 + 1)(q − 1)

G2
2(33)

10 073 444 472

G2
2(35)

49 825 657
439 340 552

G2
2(37)

239 189 910 264
352 349 332 632

G2
2(32n+1)

q3(q3 + 1)(q − 1)

M11

7 920

M12

95 040

M22

443 520

M23

10 200 960

M24

244 823 040

J1

175 560

J(1), J(11)

J2

604 800

H J

J3

50 232 960

H JM

J4
86 775 571 046

077 562 880

HS

44 352 000

McL

898 128 000

He

4 030 387 200

F7, HHM, HT H

Ru

145 926 144 000

Suz

448 345 497 600

Sz

O’N

460 815 505 920

O’NS, O–S

Co3

495 766 656 000

·3

Co2

42 305 421 312 000

·2

Co1
4 157 776 806

543 360 000

·1

HN
273 030

912 000 000

F5, D

Ly
51 765 179

004 000 000

LyS

Th
90 745 943

887 872 000

F3, E

Fi22

64 561 751 654 400

M(22)

Fi23
4 089 470 473

293 004 800

M(23)

Fi′24
1 255 205 709 190

661 721 292 800

F3+, M(24)′

B

4 154 781 481 226 426
191 177 580 544 000 000

F2

M
808 017 424 794 512 875
886 459 904 961 710 757
005 754 368 000 000 000

F1, M1

C2

2

C3

3

C5

5

C7

7

C11

11

C13

13

Cp

p

Zp

The Periodic Table Of Finite Simple Groups

Dynkin Diagrams of Simple Lie Algebras

An
1 2 3 n

Bn
1 2 3 n

〈

Cn
1 2 3 n

〉

Dn
3 4 n

1

2

E6,7,8
1 2 3 5 6 7 8

4

F4
1 2 3 4

〉

G2
1 2

〉

Alternating Groups
Classical Chevalley Groups
Chevalley Groups
Classical Steinberg Groups
Steinberg Groups
Suzuki Groups
Ree Groups and Tits Group∗

Sporadic Groups
Cyclic Groups

Symbol

Order‡

Alternates†

∗The Tits group F2
4(2)′ is not a group of Lie type,

but is the (index 2) commutator subgroup of F2
4(2).

It is usually given honorary Lie type status.

†For sporadic groups and families, alternate names
in the upper left are other names by which they
may be known. For specific non-sporadic groups
these are used to indicate isomorphims. All such
isomorphisms appear on the table except the fam-
ily Bn(2m) ∼= Cn(2m).

‡Finite simple groups are determined by their order
with the following exceptions:

Bn(q) and Cn(q) for q odd, n > 2;
A8

∼= A3(2) and A2(4) of order 20160.

The groups starting on the second row are the clas-
sical groups. The sporadic suzuki group is unrelated
to the families of Suzuki groups.
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What can computers do in (pure) mathematics?
. Test working hypotheses in a large number of instances;
. discover new patterns by experiments previously unimaginable (by hand);
. complete the proof of theorems for which there is a reduction to the handling

of a finite number of remaining cases;
. make data (that were difficult to obtain) easily/electronically accessible,

thereby facilitating further work with or experiments on them.

CHEVIE project: M. Geck, G. Hiss, F. Luebeck, G. Malle, J. Michel, G. Pfeiffer
. Bring Lusztig’s theories (characters of finite groups of Lie type, of Weyl groups

and Hecke algebras, Kazhdan–Lusztig cells . . .) to the computer.
. Ongoing joint project since 1990s, see

http://www.math.rwth-aachen.de/∼CHEVIE/

https://github.com/jmichel7 (Jean Michel)



Aim of this talk: Show some applications of CHEVIE, relating to
. conjugacy classes and characters of Weyl groups;
. Kazhdan–Lusztig polynomials and cells;
. unipotent classes in algebraic groups;
. (generalised) Springer correspondence and Green functions.

My own first steps in this direction:
. (∼ 1987) I “grew up” at the department of RWTH Aachen (Germany) where

the computer algebra system GAP was developped.
. (Early 1990s) First GAP programs for working with finite Coxeter groups, for

computing Kazhdan–Lusztig polynomials and cell representations (⇝ joint
work with K. Lux on modular representations for Hecke algebra of type F4).

Since about 2003: G. Lusztig is a quite regular user (even power user) of CHEVIE.



Example 1: Conjugacy classes and characters of Hecke algebras

W finite Coxeter group, S simple reflections, and ℓ : W → Z⩾0 length function.

H Iwahori–Hecke algebra over A = Z[q, q−1] with standard basis {Tw | w ∈ W };

TwTw ′ = Tww ′ if ℓ(ww ′) = ℓ(w) + ℓ(w ′),
T 2

s = qT1 + (q − 1)Ts for s ∈ S.

cl(W ) := set of conjugacy classes of W .

For C ∈ cl(W ) let dC := min{ℓ(w) | w ∈ C} and Cmin := {w ∈ C | ℓ(w) = dC} .

For w ,w ′ ∈ W write w → w ′ if there is a sequence w = w1,w2, . . . ,wn = w ′ in W
such that ℓ(w1) ⩾ . . . ⩾ ℓ(wn) and wi+1 = siwisi for some si ∈ S.

Theorem (G. and Pfeiffer 1993). Let C ∈ cl(W ).

(a) For any w ∈ C, there exists some w ′ ∈ Cmin such that w → w ′.

(b) If w ,w ′ ∈ Cmin, then Tw and Tw ′ are conjugate in H.



Proof. Easy reduction to W irreducible; then case–by–case, using computer for W
of exceptional type. Classification of cl(W ) known by Carter (1972).
Note: to verify (a), one needs to look at every element of W . For (b), one needs
explicit lists of Cmin. Example: W = W (E8); largest class C ∈ cl(W ) with
|C| = 43,545,600, dC = 7, |Cmin| = 64.

X. He and S. Nie (Duke Math. J., 2012). Case/computer-free proof of theorem.

Our motivation for theorem: “q-deformation” of character table of W .

Let K ⊇ A = Z[q, q−1] sufficiently large field and HK := K ⊗A H (split semisimple).
Tits’ Deformation Theorem: Irr(W ) ↔ Irr(HK ), χ ↔ χq.
For C ∈ cl(W ) fix wC ∈ Cmin. Theorem ⇒ χq(TwC ) independent of choice of wC .

W = S3 () (12) (123)
χ1 1 1 1
χ2 1 −1 1
χ3 2 0 −1

H(S3) () (12) (123)
χq,1 1 q q2

χq,2 1 −1 1
χq,3 2 q−1 −q

Lusztig 1981:
K = R(q1/2) sufficient,
all values in R[q1/2].



Example 2: Involutions and Kazhdan–Lusztig cells

W finite Coxeter group, S simple reflections, and I = {w ∈ W | w2 = 1}.
V vector space (over C) with basis {aw | w ∈ I}. Linear action of W on V :

s.aw =

{
−aw if sw = ws and ℓ(sw) < ℓ(w),

asws otherwise.

(Kottwitz 2000, above formulation from Lusztig–Vogan 2011.)

Kottwitz’ Conjecture. Let C ∈ cl(I) and VC = ⟨aw | w ∈ C⟩C (submodule of V ).

Let Γ ⊆ W be a Kazhdan–Lusztig left cell. Then
|C ∩ Γ | = dim HomW (VC , [Γ ]1), where [Γ ]1 = W -module carried by Γ .

Kottwitz, Casselman (“Verifying Kottwitz’ conjecture by computer”, 2000), Marberg
(2013), Bonnafé and G. (2012–2015): known in all cases except for W = W (E8).

Big (computational) challenge: Find partition of I into left cells for type E8.



For χ ∈ Irr(W ) let Dχ ∈ R[q] be the “generic degree” (Benson–Curtis 1972);

Dχ = 1
fχ qaχ + higher powers of q, where fχ ∈ R>0, aχ ∈ Z⩾0.

For w ∈ W , we have q(aχ−ℓ(w))/2χq(Tw ) ∈ R[q1/2]. Lusztig’s “leading coefficients”:

cw ,χ := constant term of (−1)ℓ(w)q(aχ−ℓ(w))/2χq(Tw ).

Theorem (Lusztig 1986). Let w ∈ I (involution).
. There exists some χ ∈ Irr(W ) such that cw ,χ ̸= 0.
. Every left cell Γ contains a unique w ∈ I such that

∑
χ∈Irr(W ) f−1

χ cw ,χ ̸= 0;
furthermore, cw ,χ = multiplicity of χ ∈ Irr(W ) in character of [Γ ]1.

Now W of type E8; then |I| = 199952 and number of left cells = 101796.

Y. Chen (2000): Let w ,w ′ ∈ I and χ, χ ′ ∈ Irr(W ) with cw ,χ ̸= 0 and cw ′,χ ′ ̸= 0.
Then w ,w ′ belong to the same left cell if and only if aχ = aχ ′ and w ,w ′ have the
same generalised τ-invariant (Vogan).

All this can be computed for the 199952 involutions (G.–Halls, Math. Comp. 2015).



Example 3: Bruhat cells and unipotent classes

Let G be a simple algebraic group over an algebraically closed field k ,
B ⊆ G a Borel subgroup, T ⊆ B a maximal torus and W = NG(T)/T.

cluni(G) := set of unipotent conjugacy classes of G.
Consider intersections O ∩ BẇB for O ∈ cluni(G) and w ∈ W .

Lemma (Lusztig). Let w ,w ′ ∈ Cmin for some C ∈ cl(W ). Then
O ∩ BẇB ̸= ∅ ⇔ O ∩ Bẇ ′B ̸= ∅.

(Follows from theorem of G.–Pfeiffer.) For O ∈ cluni(G) and C ∈ cl(W ) write
C ⊣ O if O ∩ BẇB ̸= ∅ for some/any w ∈ Cmin.

Theorem (Lusztig 2011, 2012 + Lusztig–Xue 2012).
There is a well-defined, surjective map Φ : cl(W ) → cluni(G) such that

C ⊣ Φ(C) and such that if O ′ ∈ cluni(G) and C ⊣ O ′, then Φ(C) ⊆ O ′.



Thus, O = Φ(C) ∈ cluni(G) is minimal such that O ∩ BẇB ̸= ∅ for w ∈ Cmin

Examples: Φ({1W }) = {1G}, Φ({Coxeter elements}) = regular unipotent class.

Proof. Case–by–case, using very complicated computations for G of classical
type. For G of exceptional type, work over k = Fp and consider finite group of
rational points G(q) where q = large power of p. Then matrix of intersections(

|(O ∩ BẇCB)(q)|
)
O∈cluni(G),C∈cl(W )

can be expressed as the product of three matrices:
. q-deformation of character table of W (as considered above),
. non-abelian Fourier matrix from Lusztig’s orange book (1984),
. the matrix of values of Green functions for G(q) (⇝ more in next sections).

All available in CHEVIE; can perform explicit computation.
Final remark: The above result is used, for example, in the proof of

Lusztig (Moscow Math. J. 2012): Cleanness of cuspidal character sheaves.



From now on: Character theory of finite groups of Lie type

Example: Let G = SL2(F2), with Frobenius map Fd(aij) = (a2d

ij ) for d ⩾ 1.
Let GFd := {g ∈ G | Fd(g) = g} = SL2(F2d ).

S3 (d=1) () (12) (123)
χ1 1 1 1
χ2 1 −1 1
χ3 2 0 −1

A5 (d=2) () (12)(34) (123) (12345) (13524)
χ1 1 1 1 1 1
χ2 3 −1 0 1

2 (1+
√

5) 1
2 (1−

√
5)

χ3 3 −1 0 1
2 (1−

√
5) 1

2 (1+
√

5)
χ4 4 0 1 −1 −1
χ5 5 1 −1 0 0

Would like uniform (“generic”) description of character table of GFd for all d ⩾ 1.

q = 2d C1 C2 C3(a) C4(b)

χ1 1 1 1 1

χ2 q 0 1 −1

χ3(n) q + 1 1 ζan + ζ−an 0

χ4(m) q − 1 −1 0 −ξbm − ξ−bm

ζ = exp(2πi/(q−1)), ξ = exp(2πi/(q+1))

Unpacked table has size (q + 1)× (q + 1);

∃ slightly more complicated table for q odd.

∃ similar tables for other G of small dimension,

e.g., Sp4(Fq), G2(Fq), 3D4(Fq), . . .

LATEST addition F4(2d ), d ⩾ 1, G. (2023).

ULTIMATE challenge E8(Fq), any q.



General set-up: G connected reductive over Fp, with Frobenius map F : G → G
corresponding to Fq-rational structure (where q = pf for some f ⩾ 1).

GF := {g ∈ G | F (g) = g} finite group of Lie type.

Fix an F -stable Borel subgroup B ⊆ G and F -stable maximal torus T0 ⊆ B;
let W = NG(T0)/T0 with induced automorphism σ : W → W .
Deligne and Lusztig 1970s:
Let w ∈ W and T0[w ] := {t ∈ T0 | F (t) = ẇ−1tẇ } (finite subgroup of G)

θ ∈ Irr(T0[w ]) ⇝ Rθ
w virtual character of GF .

Lusztig 1984: Knowledge of all Rθ
w ’s ⇝ “average value” character table of GF .

Let ρ ∈ Irr(GF ) and C be an F -stable conjugacy class of G. Then CF splits into
finitely many classes in GF , with representatives g1, . . . ,gr ∈ CF say.

⇝ “average value” AV(ρ, C) :=
∑

1⩽i⩽r
[Ai : AF

i ] ρ(gi),

where Ai = CG(gi)/C◦
G(gi) finite group (with induced action of F ).



Example 4: Computation of Green functions

Let Guni be the variety of unipotent elements of G
⇝ Green function Qw : GF

uni → Qℓ, u 7→ Rθ
w (u).

. Qw has values in Z, and does not depend on θ.

. Character formula: Get all values of Rθ
w from Qw and inductive procedure.

Theorem (1976–2024). The Qw are now known explicitly in all cases.
. Shoji (1982/83): G of type F4 for p > 2, and G of classical type for p > 2.
. Beynon–Spaltenstein (1984): G of type E6, E7, E8 and p “good”.
. Malle (1990/93): F4 and E6 for p = 2; Porsch (1993): E6 for p = 3.
. Shoji (2007): G of classical type and p = 2.
. G. (2020) + Lübeck (2024): Last remaining cases E7, E8 for p = 2,3,5.

Ingredients: Springer correspondence; Lusztig’s “Green functions and character
sheaves” (1990, mild restriction on p,q) + Shoji (1995, restrictions removed).



Generalised Springer correspondence (Lusztig 1984)

NG := {(O, E) | O ∈ cluni(G), E irreducible G-equivariant Qℓ-local system on O}.
. Partition of NG into pieces called “unipotent blocks”;
. collection of bijections {I ↔ Irr(WI) | I unipotent block of NG},

where WI is a certain finite Coxeter group associated with I.

For Green functions, sufficient to consider I0 = unipotent block with ({1},Qℓ) ∈ I0;
WI0 = W (Weyl group of G) and I0 ↔ Irr(W ) “ordinary” Springer correspondence.

Also sufficient to consider G simple adjoint; further assume F : G → G split type.
Then each unipotent class O ∈ cluni(G) is F -stable and we can find uO ∈ OF such
that F acts trivially on A(uO) = CG(uO)/C◦

G(uO).

Lusztig–Shoji Algorithm. Set Qχ := 1
|W |

∑
w∈W χ(w)Qw for χ ∈ Irr(W ).

Let χ ↔ (O, E) ∈ I0. Then {u ∈ GF
uni | Qχ(u) ̸= 0} ⊆ OF and

Qχ(uO) = δχqdimBuO dim E where δχ ∈ {±1}.



Once the signs δχ = ±1 (and the Springer correspondence) are known, all the
values of the Green functions are determined by a purely combinatorial algorithm.

For u ∈ GF
uni there are (explicitly computable) polynomials Pχ,χ ′,u ∈ Z[q] such that

Qχ(u) =
∑

χ ′∈Irr(W )
δχ ′Pχ,χ ′,u(q).

Remaining problem: Determine the signs δχ = ±1 for χ ∈ Irr(W ).

Idea: Rθ=1
w=1 character of permutation representation of GF on GF/BF . Hence

|(GF/BF )u | := number of cosets GF/BF fixed by u

= Q1(u) =
∑

χ∈Irr(W ) χ(1)Qχ(u)

=
∑

χ ′∈Irr(W )

(∑
χ∈Irr(W )

χ(1)Pχ,χ ′,u(q)︸ ︷︷ ︸
known, computable

)
δχ ′ .

Theorem (G. 2020). Let r ⩾ 1 and consider Green functions Q(r)
χ for GF r

;
have signs δ

(r)
χ ∈ {±1}. Then δ

(r)
χ = δr

χ. So it is enough to consider q = p.



Example: GF = E8(Fq) with q = 2f

Let O = unipotent class denoted E8(b6) with uO = z77 (Mizuno 1980).
We have A(uO) = CG(uO)/C◦

G(uO) ∼= S3 and |CG(uO)
F | = 6q28.

There are three χ ∈ Irr(W ) such that χ ↔ (O, E), denoted 224010, 17512, 84013.
(Springer correspondence known by Spaltenstein 1985.)
Want to determine δ224010 = ±1, δ17512 = ±1, δ84013 = ±1.

OF splits into 3 classes in GF , with representatives z77, z78, z79. Run the CHEVIE
function ICCTable to get the polynomials Pχ,χ ′,u ∈ Z[q] for u ∈ {z77, z78, z79}.
Theorem ⇒ enough to consider q = 2:

|(GF/BF )z77 | = 5,479,485 δ224010 + 358,400 δ17512 + 1,233,920 δ84013

|(GF/BF )z78 | = 5,479,485 δ224010 − 1,233,920 δ84013

|(GF/BF )z79 | = 5,479,485 δ224010 + 179,200 δ17512 + 1,233,920 δ84013

Left hand side is a non-negative integer ⇒ δ224010 = 1.



Claim. δ84013 = −1 and δ17512 = 1.
Idea of proof. Suppose δ84013 = 1; then above equation

|(GF/BF )z78 | = 5,479,485 δ224010 − 1,233,920 δ84013

yields |(GF/BF )z78 | = 5,479,485 − 1,233,920 = 4,245,565.
So, if we can find strictly more cosets fixed by z78, then contradiction.

Explicitly count cosets fixed by z78, using matrix realisation of GF (G. 2020) or
Steinberg presentation (Lübeck 2024).
Every double coset BF ẇBF contains precisely qℓ(w) cosets of GF/BF . Can write
down explicit expressions for representatives of these cosets. Proceed along
increasing value of ℓ(w) until sufficiently many cosets have been found.

These computations require:
. Data base of (generalised) Springer correspondence in CHEVIE;
. implementation of Lusztig–Shoji algorithm (J. Michel’s ICCTable function);
. programs for working inside GF (with matrices, or words in generators xα(t)).



Example 5: Recovering geometry from algebra

Consider again generalised Springer correspondence.
Fix a unipotent block I, a certain set of pairs (O, E) in NG.
Using bijection I ↔ Irr(WI), define equivalence relation ∼ on Irr(WI):

Let χ, χ ′ ∈ Irr(WI). χ ∼ χ ′ def⇐⇒ (O, E) ↔ χ and (O, E ′) ↔ χ ′ (same O).

Lusztig “Unipotent blocks and weighted affine Weyl groups” (2024) conjectures:
Partition of Irr(WI) defined by ∼ can be recovered in a purely algebraic way,
using operations with characters of WI and inductive procedure.

Example: G of type E7, simply connected and p ̸= 2.

There is a unipotent bock I1 containing 25 pairs (O, E) ∈ NG, with WI of type F4.
Easy to program Lusztig’s algebraic version of ∼ in CHEVIE.
G.–Hetz (2024): Found an inconsistency with Spaltenstein’s tables (1985) for
generalised Springer correspondence of G. Using CHEVIE could correct table.



WI0 : E7

WI1 : F4

WI2 : B3


