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In Theorem 4.3, the proof is incorrect in the case k = 4, but works for larger k. In the case
k = 4, we have instead the slightly weaker bound

N4(q, 2n− 1) > 2N3(q,n)−1. (1)

To prove (1), we use the standard version of the stepping-up lemma (see, e.g., Chapter 4, Lemma
17 of [2]). The coloring is a variant of the coloring in the proof of Theorem 4.3. As in the proof of
Theorem 4.3, if δ1, δ2, δ3 form a monotone sequence, then let χ(a1, a2, a3, a4) = φ(δ1, δ2, δ3). If i = 2
is a local maximum, let χ(a1, a2, a3, a4) = 1. If i = 2 is a local minimum, let χ(a1, a2, a3, a4) = 2.
The remaining 4-tuples may be colored arbitrarily. The proof that this coloring verifies (1) follows
as in the proof of Lemma 17 in Chapter 4 of [2].
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